We study the hydrostatic equilibrium structure of compact stars in the Eddington-inspired BornInfeld gravity recently proposed by Bañados and Ferreira [Phys. Rev. Lett. 105, 011101 (2010)]. We also develop a framework to study the radial perturbations and stability of compact stars in this theory. We find that the standard results of stellar stability still hold in this theory. The frequency square of the fundamental oscillation mode vanishes for the maximum-mass stellar configuration. The dependence of the oscillation mode frequencies on the coupling parameter κ of the theory is also investigated. We find that the fundamental mode is insensitive to the value of κ, while higher-order modes depend more strongly on κ.
I. INTRODUCTION
General relativity (GR) has been the most successful and popular theory of gravity in the past century. From its classic predictions on the perihelion advance of Mercury and deflection of light, to the later predictions such as the orbital decay of the Hulse-Taylor binary pulsar due to gravitational-wave damping, GR has passed the experimental observations in these weak-field situations with flying colors. Testing the predictions of GR in strongfield situations, such as the final stage of binary black hole coalescence, will come soon from the detection of gravitational waves (see Ref. [1] for a review on experimental tests of GR).
Despite the great success of GR, the idea that GR may not be the correct theory to describe the Universe on cosmological scales is also gaining attention recently. This is due to the fact that, if GR is correct, we must then require the Universe to be dominated by some unknown component, called dark energy, in order to explain the accelerating expansion of the Universe. In the past decade, various alternative theories of gravity which deviate from GR on cosmological scales have been proposed in order to explain cosmological observations (see Ref. [2] for a recent review).
On the other hand, it is also well known that GR is not complete because of its prediction of spacetime singularities in the big bang and those inside black holes. It is generally believed that a consistent theory of quantum gravity is needed to resolve this issue. Recently, a new Eddington-inspired Born-Infeld (EiBI) theory of gravity was proposed by Bañados and Ferreira [3] . The appealing properties of this theory are that it is equivalent to GR in vacuum and can avoid the big bang singularity [3] . The theory differs from GR only in the presence of matter, and in particular the deviation becomes significant at high densities. It is thus reasonable to expect that compact stars may be the best astrophysical laboratories to test EiBI gravity. In fact, Pani et al. [4, 5] have recently studied the structure of compact stars in EiBI gravity.
In this work, we report our investigation of compact stars in EiBI gravity. We first extend the work of Pani et al. [4, 5] by studying the static structure of compact stars in this theory using a large set of realistic equations of state (EOS). Furthermore, we develop a framework to study the radial perturbations and stability of these stars in this theory for the first time.
The plan of the paper is as follows: In Sec. II we briefly summarize EiBI gravity. In Sec. III we derive the equations for constructing static equilibrium stars in EiBI gravity. In Sec. IV we present the linearized equations for radial oscillations of compact stars. Section V presents the technique we use to employ realistic EOS models in this study. In Sec. VI we present our numerical results. Finally, our conclusions are summarized in Sec. VII. We use units where G = c = 1 unless otherwise noted.
II. EDDINGTON-INSPIRED BORN-INFELD GRAVITY
Here we briefly summarize the EiBI gravity proposed by Bañados and Ferreira [3] . The theory is based on the following action
where |f µν | denotes the determinant of f µν and g ≡ |g µν |. R µν represents the symmetric part of the Ricci tensor and is constructed solely from the connection Γ α βγ . The matter action S M is assumed to depend on the metric g µν and the matter field Ψ M only. Furthermore, it can be shown that the action of Eq. (1) is equivalent to the Einstein-Hilbert action when S M = 0, and hence the theory is identical to GR in vacuum [3] .
The constants κ and λ are related to the cosmological constant by Λ = (λ − 1)/κ such that, for small κR µν , the action [Eq. (1)] reduces to the Einstein-Hilbert action.
We shall fix λ = 1 in this work and treat κ as the only parameter of the theory. The constraints on κ based on solar observations [6] , big bang nucleosynthesis and the existence of neutron stars [7] have been studied recently.
In this theory, the spacetime metric g µν and the connection Γ α βγ are treated as independent fields. The field equations are obtained by varying the action [Eq. (1)] with respect to g µν and Γ α βγ seperately, and can be written as (with λ = 1) [3] 
where q µν is an auxiliary metric compatible with the connection
and q ≡ |q µν |. The stress-energy tensor T µν satisfies the same conservation equations as in GR:
where the covariant derivative refers to the metric g µν .
III. STATIC EQUILIBRIUM CONFIGURATIONS
A. Basic equations
The structure of compact stars in EiBI theory was first studied by Pani et al. [4, 5] . Here we present our formulation which uses different variables, and hence leads to a different set of differential equations which resemble more closely the corresponding equations in GR. For a static and spherically symmetric spacetime, the spacetime metric g µν and the auxiliary metric q µν are taken to be
Note that the gauge freedom has been used to set q θθ = r 2 . The matter is assumed to be a perfect fluid and is described by the stress-energy tensor
where ǫ and P are the energy density and pressure of the fluid, respectively. The four-velocity of the fluid u µ is given by u µ = (e −φ/2 , 0, 0, 0) because of the time and spherical symmetry of the spacetime. The stress-energy tensor is then simplified to
Note that the indices of T µν are raised with the spacetime metric g µν .
From Eq. (3), one can obtain the relations
where a ≡ √ 1 + 8πκǫ and b ≡ √ 1 − 8πκP . In addition, f (r) is found to be
The field equations of Eq. (2) reduce to the following two independent equations
where primed quantities denote partial derivatives with respect to r. The conservation of the stress-energy tensor [Eq. (5)] gives
Eqs. (12) - (14) can be combined to obtain the following two first-order differential equations:
where the speed of sound c s is calculated by c 2 s = dP/dǫ. The function m(r) is defined by
With a given EOS P = P (ǫ), the structure of a hydrostatic equilbrium star in EiBI gravity is obtained by solving Eqs. (15) and (16) . By expanding a and b in series of κ, it can be shown that these equations reduce to the corresponding structure equations in GR when κ → 0 (see, e.g., Ref. [8] ).
B. Boundary conditions and numerical scheme
To construct a static compact star with a given EOS, we first integrate Eqs. (15) and (16) by specifying the central density ǫ c , and hence the central pressure P c , and setting m(0) = 0. The radius of the star R is defined by the condition P (R) = 0. As discussed above, EiBI gravity is equivalent to GR in vacuum. Hence, the interior solution should match smoothly to the Schwarzschild solution at the stellar surface. It can be checked that the required conditions are ǫ(R) = P (R) = 0 and hence a(R) = b(R) = 1. We then have e −α(R) = e −λ(R) = (1 − 2M/R), where M ≡ m(R) is the mass of the star. We also require that e β(R) = e φ(R) = (1 − 2M/R). The function β(r), and hence φ(r) because of Eq. (10), can now be obtained by integrating Eq. (13) backward from the surface to the center. We have now completed the interior solution of the star. It should be noted that the appearance of the terms a = √ 1 + 8πκǫ and b = √ 1 − 8πκP in the theory imposes the following conditions (see also Refs. [4, 5] ):
IV. RADIAL OSCILLATIONS
A. Equations for radial perturbations
In order to check the stability of compact stars constructed in EiBI gravity, we need to study the radial oscillation modes of these stars. The corresponding study in GR was first performed by Chandrasekhar almost fifty years ago [9] (see also Ref. [10] for a more recent study).
Here we shall derive an eigenvalue equation [see Eq. (30) below] which allows us to obtain the frequencies of radial oscillation modes of compact stars in EiBI gravity. Since the calculation is somewhat tedious, we shall thus only outline the main steps of the derivation in the following.
We assume that the static background star is perturbed radially so that spherical symmetry is maintained. The spacetime metric can still be written as Eq. (6), but now the components g tt and g rr depend on both r and t (see, e.g., Ref. [11] ):
The auxiliary metric q µν takes the form
where the tr component [q tr ≡ η(t, r)] is in general nonzero. The four-velocity of the fluid is now given by
where ξ is the Lagrangian displacement andξ ≡ ∂ξ/∂t. To linear order in ξ, the nonvanishing components of the stress-energy tensor are
where ǫ 0 and P 0 refer to the energy density and pressure of the unperturbed static background, respectively. It should be noted that Eqs. (3) and (24) imply that the auxiliary metric function η(t, r) is in general nonzero even though g tr = 0.
We now consider small radial perturbations on the static background solution such that F (t, r) = F 0 (r) + δF (t, r), where F stands for any metric or fluid variable and F 0 is its background solution. We shall derive the linearized field and matter equations by retaining terms only of first order in ξ and δF . To obtain the oscillation mode frequencies, we assume a time dependence e iωt for all the perturbed quantities. Eqs. (2) and (3) can then be reduced to the following equations
where χ ≡ r 2 (ǫ + P )Q 1 ξ. In the above, physical quantities without "δ" are evaluated on the static background. The functions Q i are given explicitly in Appendix A. On the other hand, the linearized conservation equation (5) becomes
(29) Combining the above linearized equations, we obtain our eigenvalue equation for determining the radial oscillation modes
where the functions W 1 and W 2 depend only on the background quantities and the frequency square ω 2 (see Appendix A for their expressions).
B. Boundary conditions and numerical scheme
The Lagrangian displacement ξ must vanish at the center due to spherical symmetry. From the definition of χ, this condition is equivalent to
At the stellar surface, the appropriate boundary condition is that the Lagrangian variation of the pressure vanishes (δP = 0). It can be shown from Eq. (26), with the conditions P (R) = ǫ(R) = 0, that the boundary condition is equivalent to the requirement that the displacement ξ is finite at the surface. From the definition of χ, the boundary condition is thus equivalent to
To find ω 2 numerically, the shooting method is applied. We first decompose Eq. (30) into two first-order differential equations for χ and χ ′ . In practice, we choose a trial eigenvalue ω 2 and start our numerical integration at a point near the center. Note that the regularity condition of χ implies that χ ∼ r 3 for small r. We integrate up to the stellar surface and check whether Eq. (32) is satisfied. The eigenvalue is obtained if the trial ω 2 can satisfy the boundary condition. Otherwise, the integration is repeated with a different trial ω 2 .
V. EQUATION OF STATE
In constructing a compact star, one has to specify an EOS model that gives the relation between P and ǫ. Although polytropic EOSs are often used in compact star simulations, they are oversimplified and cannot reflect the complexity of nuclear matter. On the other hand, realistic EOS models are usually presented in tabulated forms and one needs in general to perform numerical interpolations in the study. Alternatively, one can also use piecewise polytropic models to fit many tabulated EOSs in different density regions [12] .
The above two techniques in general work well for studying compact stars in GR. However, we found that they are not good enough for studying the oscillation modes of compact stars in EiBI gravity. The reason is that the eigenvalue equation [Eq. (30)] involves the derivative c ′ s , which is proportional to d 2 P/dǫ 2 . It is noted that, for the corresponding study in GR, one only needs to calculate dP/dǫ [10] . In order to apply realistic EOS models in our study, we use smooth analytic functions to model the tabulated EOS models so that the second derivative d 2 P/dǫ 2 can be computed analytically, and hence numerical errors can be reduced. In particular, we use the following analytical representation suggested by Haensel and Potekhin [13] :
whereP = log(P/dyn cm −2 ),ǫ = log(ǫ/g cm −3 ), and f (x) = 1/(e x + 1). The 18 constants a i are fitting parameters. For a given tabulated EOS, we use the LevenbergMarquardt method [14] to determine the set of parameters a i that best fits the EOS data points. In this work, we consider the following eight realistic EOSs: model A [15] , model APR [16] , model BBB2 [17] , model C [18] , model FPS [19] , model SLy4 [20] , model UU [21, 22] , and model WS [19, 21] .
To show the accuracy of our analytical representations of the tabulated EOS, we plot in Fig. 1 the analytical fits to the BBB2 (solid line) and FPS (dashed line) EOS models. The original EOS data points are denoted by the cross (BBB2) and plus (FPS) symbols in the figure. It is seen from the figure that the analytic fits match the data points of the tabulated EOSs very well. Furthermore, we find that the standard deviations between the original EOS data and fitting data points are in general of the order 10 −2 or less for all the EOS models.
VI. RESULTS
In this section, we shall construct static equilbrium compact stars and study their stability in EiBI gravity. As discussed in Sec. II, the free parameter of the theory is κ. For κ = 0, the theory is equivalent to GR. On the other hand, the more interesting case is κ > 0 because it is the regime where novel properties of EiBI gravity exist. In this regime, the theory leads to a nonsingular cosmological model [3] and the existence of pressureless stars [4, 5] . In this work, we shall consider three different values of κ defined by 8πκǫ 0 = −0.1, 0, 0.1, where ǫ 0 = 10 15 g cm −3 . These values of κ are consistent with the recent constraint set by the existence of neutron stars as proposed in Ref. [7] , though it should be noted that we use units where G = c = 1 in this work.
To demonstrate the stability of compact stars in EiBI gravity, we show in Figs. 2 (a)-2(d) the numerical results for the APR, BBB2, FPS, and SLy4 EOS models. For each case, we plot the gravitational mass M and the frequency square ω 2 of the fundamental oscillation mode as a function of the central density ǫ c in the upper and lower panels, respectively. The circle on each M -ǫ c curve corresponds to the maximum-mass stellar configuration. It is seen from the figures that the M -ǫ c relation in EiBI gravity is qualitatively similar to that in GR. The stellar mass increases with the central density until it reaches a maximum. In GR, it is known that the mode frequency passes through zero at the central density corresponding to the maximum-mass configuration. This critical density corresponds to the onset of dynamical instability in the sense that stellar models beyond this critical point are unstable against radial perturbations. Our results show that this property is also true in EiBI gravity. We see that ω 2 also passes through zero at the maximum-mass configuration in EiBI gravity. For a given EOS, stellar models with central densities less than the critical density are stable becuase the fundamental mode frequency square ω 2 > 0. We have thus demonstrated the stability of compact stars in EiBI gravity.
For a given EOS model, we see that a negative value of κ in general decreases the maximum mass of a neutron star compared to the case of GR. On the other hand, for a positive value of κ, EiBI gravity can lead to a much larger maximum mass. As pointed out in Ref. [5] , this has the interesting implication that some softer EOS models, which are ruled out in GR by the recent discovery of a neutron star with M ≈ 1.97M ⊙ [23] , would be revived in EiBI gravity. For example, the maximum mass of a neutron star for the FPS EOS in GR is M = 1.8M ⊙ . However, it can increase to 2M ⊙ in EiBI gravity for the case 8πκǫ 0 = 0.1. In Table I , we list the mass and radius of the maximum-mass configuration for each EOS model we consider in this work. Furthermore, we list the mass and fundamental mode frequency as a function of the central density for each EOS model in Appendix B. It is recalled that Eqs. (18) and (19) must be fulfilled in order to construct compact stars in EiBI gravity. In the upper panel of Fig. 3 we plot M against ǫ c for compact stars modeled by the APR EOS and 8πκǫ 0 = 0.1 again, but now the central density is extended to the point C where Eq. (18) is violated. In the lower panel, we plot the frequency square ω 2 of the fundamental and first harmonic modes against ǫ c . As we have seen in Fig. 2 (a) , the fundamental mode becomes unstable at the first critical point A. However, we now also see that there exists a second critical point B at higher densities. Figure 3 shows clearly that it is the first harmonic that changes stability at this point. The stellar models from B to C are still unstable even though dM/dǫ c > 0 in this range. Similar to standard neutron stars in GR [8] , we have thus seen that the criterion dM/dǫ c > 0 also does not guarantee stellar stability in EiBI gravity.
To end this section, we study how the value of κ would affect the oscillation mode frequencies. Since the gravitational mass of a compact star can usually be measured more accurately than its radius (see Ref. [24] for a review on neutron star observations), we shall thus consider the oscillation modes of compact star models with a given mass for different values of κ. In Fig. 4 , we plot the frequency square ω 2 against the number of nodes N in the mode eigenfunctions. The stellar models have the same mass M = 1.25M ⊙ and are described by the same APR EOS. Three different cases 8πκǫ 0 = −0.1, 0, 0.1 are considered as before. Note that the fundamental mode has zero nodes, and we see from the figure that the frequency of this mode is insensitive to the value of κ. On the contrary, higher-order modes (i.e., modes with larger values of N ) depend more sensitively on the value of κ. In particular, a positive (negative) value of κ would decrease (increase) the frequencies of higher-order modes. While we only show the results of three different values of κ in Fig. 4 , we have seen that this property is in general true for other values.
Finally, we note that the sensitivity of the frequencies of higher-order modes on κ may be understood heuristically by noting that, in the nonrelativistic limit of EiBI gravity, the standard Poisson equation in Newtonian theory is modified by having an extra source term of the form κ∇ 2 ρ, where ρ is the mass density [3] . A larger variation of density perturbation, which is the case for higher-order modes, would then lead to a larger difference in the stellar dynamics comparing to the Newtonian results. On the other hand, the fundamental mode eigenfunction has no node and is monotonically increasing in the star. Hence, the magnitude of ∇ 2 δρ (with δρ being the density perturbation associated to the mode) should in general be smaller than those of higher-order modes. This makes the frequency of the fundamental mode not so sensitive to κ. We believe that this property is also true in our fully relativistic study, as shown in Fig. 4 .
VII. CONCLUSION
In this paper, we have studied the equilibrium structure of compact stars in EiBI gravity using a set of eight realistic EOS models. Our formulation of the structure equations is different from the recent works of Pani et al. [4, 5] in such a way that the resulting differential equations resemble more closely the corresponding equations in GR. We solved the structure equations numerically and found that the maximum mass of a neutron star can be larger than that in GR when the parameter κ in EiBI gravity is positive. This implies that softer EOS models, which are ruled out in GR by the recent discovery of a neutron star with mass nearly 2M ⊙ , would be revived in EiBI gravity [5] .
We have also developed a theory of radial perturbation and studied the stability of compact stars in EiBI gravity by calculating the oscillation mode frequency square ω 2 for the first time. In contrast to the situation in GR, since the oscillation equation in EiBI gravity involves the second derivative dP 2 /dǫ 2 , we found that using standard techniques such as numerical interpolation or piecewise polytropic representation [12] to handle realistic EOS tables in the calculation would not produce reliable numerical results. This is because the data points in standard EOS tables are usually not dense enough to allow an accurate calculation of dP 2 /dǫ 2 . We thus followed Ref. [13] and used an 18-parameter analytic representation to model the EOS in our calculation. It should, however, be emphasized that the analytic fitting is not fundamentally essential to our stability analysis. It is employed in this work in order to improve numerical accuracy only.
We find that the standard results of stellar stability still hold in EiBI gravity. For a sequence of stars modeled by the same EOS, we found that the fundamental mode frequency square passes through zero at the central density corresponding to the maximum-mass configuration. Similar to the analysis of compact stars in GR, this point marks the onset of instability. Stellar models with central densities less than the critical point are stable because ω 2 > 0. Furthermore, we also found that the criterion dM/dǫ c > 0 does not guarantee stellar stability.
We have also studied the effects of the parameter κ on the oscillation modes. For a fixed stellar mass, we found that the fundamental mode frequency is insensitive to the value of κ. On the contrary, the frequencies of higherorder modes depend strongly on κ. In particular, a positive (negative) value of κ would decrease (increase) the frequencies of higher-order modes. Our results thus suggest that the detection of higher-order radial oscillation modes might provide useful constraints on the value of κ if they could be excited to large amplitudes. Of course, in reality oscillation modes could in general be excited to large amplitudes only in some catastrophic situations such as core collapse supernovae. However, those catastrophic events are in general highly nonspherical, and hence nonradial oscillation modes could become more relevant. Studying nonradial oscillations of compact stars and the corresponding gravitational wave signals would be a natural extension of our present work. We hope to return to this issue in the future and study whether the gravitational wave signals emitted by compact stars could be used to constrain EiBI gravity.
Appendix A: List of functions
Here we present the expressions for the various functions Q i and W i used in Sec. IV:
Appendix B: Numerical data
In this appendix, we provide the numerical data for the gravitational mass M and fundamental mode frequency square ω 2 . In Tables II to IX , we list M and ω 2 as a function of the central density ǫ c for three different parameters: 8πκǫ 0 = −0.1, 0, 0.1. In the GR limit (κ = 0), we have checked that stellar models obtained by using our analytical representations of the EOS and those by the original EOS data (with numerical interpolation) agree very well. For example, the central densities of the maximum-mass configurations obtained by the two methods are in general different by about 1% only. 
